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A theoretical study of the crystal lattice of titanium dioxide (anatase), its spatial and 

thermodynamic characteristics, face growth characteristics and ways of formation of its 
macromolecular structures is performed. It is shown that the growth along c axis of the crystal 
is more favorable thermodynamically. The variants for controlling of the growth of various 
faces by introducing of the acidic and basic components, as well as by temperature changes 
are proposed. 
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Introduction 
Nanocrystalline titanium dioxide is widespread photocatalyst for destruction of organic pollutants 

[1], a semiconductor in solar cells [2], a component of ceramic, composite, catalytic [3] and sorption 
materials [4], because of its efficiency, low cost, non-toxicity, photo- and thermal stability. Frequently 
nanocrystalline titanium oxide used as the photocatalyst, because of its ability to form part of a pair of 
"electron – hole" under the UV and visible light radiation. The effectiveness of photocatalysts based on 
nanocrystalline titanium dioxide is determined by many factors, such as phase content, the morphology 
features, the specific surface area, the pore volume, the presence of dopant additives [5]. All of the 
above mentioned characteristics of the material are formed by the processes of hydrolytic or non-
hydrolytic decomposition of TiO2 precursors and templating agents used in the synthetic processes. Cur-
rently, a lot of technique allows to obtain photocatalysts with specified properties using a sol-gel or hy-
drothermal synthesis. However, most of the known methods for producing crystalline titanium oxides 
require high temperatures or pressures for crystallization of the amorphous precursor into the desired 
crystalline modification. Preparation of nanocrystalline titanium dioxide under mild conditions at a tem-
perature close to room temperature is an important problem, the solution of which will significantly re-
duce the cost of production of functional materials. A way for the achievement this goal is the usage of 
biomineralizing agents in the synthesis of titanium dioxide that allow both to obtain crystalline titanium 
dioxide under mild conditions, and to control its crystalline structure, and particles sizes. An important 
advantage of biomineralization, along with the "ecology and economy", is unequivalent or "quasi-
catalytic" nature of the process, i.e. the process does not require the equivalent amounts of template. In 
addition to the importance of the applied research of the crystalline phase of the titanium oxide forma-
tion, the problem of the general features determining the formation of metal oxide materials is funda-
mentally important. A lot of quantum DFT and ab initio calculations of the titanium dioxide, ranging 
from small particles of TiO2, to large enough nanoclusters such as Ti428O856, for example, [6–8], was 
performed. But so far, a little is known on the specific ways of macromolecular structures (phases) of 
the titanium oxide formation, on the hydrolysis of oligomeric intermediates, as well as the on the me-
chanism of formation of oligomeric intermediates themselves [9, 10]. Determination of the mechanism, 
identification of intermediates of structure formation processes, definition of the dependence between the 
structure of the template and the parameters of nanocrystalline TiO2 will create new ways for the effective 
control of the formation of titanium oxide nanostructures, which will allow to increase the characteristics 
of existing materials and yield in principally new functional materials. Therefore, the aim of this work is a 
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theoretical study of the crystal lattice of titanium dioxide (anatase), its spatial and thermodynamic characte-
ristics, face growth characteristics and pathways of formation of its macromolecular structures. 

 
Research Methodology 
The crystal structure of anatase was used for the study. X-ray diffraction data for the anatase lattice 

was taken from [11] and Crystallography Open Database (http://www.crystallography.net/ ID 9015929). 
The crystal system of anatase is tetragonal, the space group is I41/amd, unit cell parameters 
are a = b = 3.7845 Å; c = 9.5143 Å; α = β = γ = 90°. The cell volume is 136.268 Å3, ideal crystal density 
is 3.894 g/cm3. The cell contains two formula units of titanium dioxide. 

The investigation of the titanium dioxide was performed within MERA force field [12–22] begin-
ning from one unit cell (cluster formula Ti29O58) to 30 unit cells, propagated along the a and c axes of 
the crystal (cluster formula Ti870O1740). In the framework of this approach the potential energy of interac-
tions in the system is the sum of intra- and intermolecular Coulomb and Van der Waals interactions. 
Energy of intra- and intermolecular electrostatic interactions are calculated by the usual formula of Cou-
lomb's law. The energy of intermolecular van der Waals interactions is calculated using the Lennard-
Jones equation 
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ijR  is the equilibrium distance of the van der Waals contact of the i and j atoms, equal to the sum of 

their van der Waals radii calculated within the MERA model; 
Rij is the actual distance between the i and j atoms.  
Uij value corresponds to the minimum of potential energy of interaction between atoms i and j and can 
be calculated within the MERA model in accordance with the following formula 
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  – a constant equal to 6.662·10–14 м/К; 
k – the Boltzmann constant. 

The energy of the intermolecular van der Waals interactions and hydrogen bonds is calculated as 
follows 
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a, b, c – the unit cell parameters; 
k – integers 0, 1, 2, 3, … 

The calculation of the thermodynamic characteristics of the anatase crystal lattice was fulfilled us-
ing the MERA model by the scheme shown in [14, 20, 21]. The calculation of atomic charges, as well as 
the value of the charged surface was carried out within the framework of the full equalization of the or-
bital electronegativity formalism [23] in the modification of the model MERA [13]. The calculation of 
the electronegativity of crystals was performed the J. Gasteiger scheme within the formalism of full 
equalization of the orbital electronegativity [23]. 

 
Discussion 
Calculation which was fulfilled for the anatase unit cell showed the following: the portion of a 

charged cell surface, responsible for soption of polar molecules (e.g., amino acids or oligopeptides that 
can be used for hydrolytic decomposition method of TiO2 precursors), is low enough. Its value is only 
2.19 % of the unit cell total surface (the square is 3.78 Å2). About 80 % of the surface belongs to the side 
faces of the cell and just over 20 % belongs to base faces. Thus, each side face possesses about 20% of 
the charged surface, whereas each base face possesses just over 10 %. 

Modelling of the crystal lattice growth along the a axis showed the following: the thermal effect of 
the unit translation along the a axis is quite significant, the standard enthalpy is –2743 kJ/mole, the en-
tropy increment is 584 kJ/moleK, lowering of the standard Gibbs free energy is 2917 kJ/mole. Electro-
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negativity of the crystal increases with the crystal growth along a axis by 0.41 eV per cell unit. Thus the 
strength of sorption sites with respect to the positively charged hydrogens of carboxylic and ammonium 
groups of oligopeptides (which may be used in the synthesis of titanium dioxide nanosized particles). It 
should be noted that the electronegativity growth is nonlinear. The dependency represents a saturation 
curve (Fig. 1) and can be approximated by the following equation 

n
n



671.1
025.352.6 , 

χ – electronegativity of crystal eV; 
n – the number of cells along the a axis. 

Analyzing the equation, it is obvious, that the electronegativity can achieve the value 9.54 eV at the 
saturation. A 50 % degree of completion of the saturation process will be achieved when the number of 
cells will achieve n = 3. A 90 % degree of completion of the saturation process will be achieved when 
the number of cells will achieve n = 17. Since the length of the a axis is 3.7845 Å, the linear length of 
17 unit cells equals 64.34 Å, or 6,434 nm, which will be the minimum size of the crystals at the equili-
brium sorption of polar components. 

Modelling of the crystal lattice growth along the c axis showed the following: the thermal effect when 
the unit translation along the c axis even greater than for the growth along a axis and – the standard enthalpy 
is –3482 kJ/mole, the increase of entropy is also significantly higher it equals 869 kJ/moleK, lowering of the 
standard Gibbs free energy also greater and amounts to 3741 kJ/mole. Thus, the crystal growth along the c 
axis is more favorable than along the a or b axes under thermodynamic conditions. However, the number of 
side faces is twice greater than the base faces perpendicular to c axis. 
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Fig. 1. The dependency of the crystal electronegativity on the number of unit cells along the a axis 

 
Electronegativity of the crystal increases with growth along the c axis but its increment is almost 

twice less than for the growth along a axis: the increment is 0.22 eV per unit. The further electronegativ-
ity growth is nonlinear and dependency also represents a saturation curve (Fig. 2). It can be approx-
imated using the following formula 
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n – the number of unit cells along the c axis. 
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Fig. 2. The dependency of the crystal electronegativity on the number of unit cells along the c axis 

 
Analyzing the equation, it is obvious, that the electronegativity can achieve the value 8.55 eV, 

which is less than the growth along the a axis by almost one. A 50 % degree of completion of the satura-
tion process will be achieved when the number of cells will achieve n = 4. A 90 % degree of completion 
of the saturation process will be achieved when the number of cells will achieve n = 12. Since the length 
of the c axis is 9.5143 Å, the linear length of the 12 unit cells equals 114.17 Å, or 11.417 nm, which will 
be the minimum size of the crystals at the equilibrium sorption of polar components. 

A comparison of anatase crystal growth along the a and c axes shows that the more thermodynami-
cally favorable is a growth along c axis, which must provide a crystal habit elongated along c axis. 
However, when a doubling of unit cell along c axis leads to a doubling of the free energy of the growth 
along a axis. So, the next step provides adding a layer of unit cells along a direction. Thus, the ratio of 
the size of the crystal during the growth under ideal thermodynamic conditions should be the ratio of the 
free energies of growth, i.e. 

a : c = b : c = 2917 : 3741. 
 

It is possible to make changes into this ratio in any direction under kinetic conditions. Since the 
electronegativity of the crystal during the growth along the a axis increases much stronger than during 
the growth along the c axis, the insertion components with the positively charged fragments, such as ac-
ids or conjugated acids (for example, consisting of ammonia or carboxylic group) should accelerate the 
growth along the a axis and yielding smaller particles (from 6.434 nm); the insertion of the conjugate 
bases or bases should accelerate growth along the c axis and yielding larger particles (from 11.417 nm). 
It is well confirmed by the data of [24], where the sorption of neutral, acidic and basic amino acids on 
titanium dioxide is elucidated. Since the entropy factor favors the growth along the c, the growth in this 
direction will increase with the temperature increase; a reducing of the temperature will be favorable to 
growth in the direction a. In both cases possible to obtain nanosized titanium dioxide particles. 

 
Conclusion 
Some thermodynamic and kinetic factors on the growth characteristics of nanoscale titanium dio-

xide particles are studied in the work. The conditions providing larger and smaller particles with higher 
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and lower sorption capacity for acidic and basic peptides within hydrolytic decomposition method of 
titanium dioxide precursors are offered. 
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ТЕОРЕТИЧЕСКОЕ ИССЛЕДОВАНИЕ ВЛИЯНИЯ 
РЯДА ТЕРМОДИНАМИЧЕСКИХ И КИНЕТИЧЕСКИХ ФАКТОРОВ 
НА ОСОБЕННОСТИ РОСТА НАНОРАЗМЕРНЫХ ЧАСТИЦ 
ДВУОКИСИ ТИТАНА 

 
М.А. Гришина1, А.В. Потемкин2, О.И. Большаков3, В.А. Потемкин1  
1 Южно-Уральский государственный медицинский университет, г. Челябинск, 
2 Санкт-Петербургский национальный исследовательский университет информаци-
онных технологий, механики и оптики, г. Санкт-Петербург, 
3 Южно-Уральский государственный университет, г. Челябинск  
 

Проведено теоретическое исследование кристаллической решетки диоксида 
титана (анатаза), его пространственных и термодинамических характеристик, 
особенностей роста граней и путей формирования его макромолекулярных структур. 
Показано, что термодинамически более благоприятным является рост вдоль 
направления с кристалла. Предложены варианты управления ростом тех или иных 
граней путем введения кислотных и основных компонентов, а также посредством 
изменения температуры. 

Ключевые слова: диоксид титана, анатаз, наноструктура, термодинамические 
расчеты, кинетические особенности.  
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